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Abstract—This paper presents the manipulation of microspheres
under water by use of an untethered electromagnetically actu-
ated magnetic microrobot (Mag-µBot), with dimensions 250 ×
130 × 100 µm3 . Manipulation is achieved by two means: con-
tact and noncontact pushing modes. In contact manipulation, the
Mag-µBot is used to physically push the microspheres. In noncon-
tact manipulation, the fluid flow generated by the translation of the
Mag-µBot is used to push the microspheres. Modeling of the system
is performed, taking into account micrometer-scale surface forces
and fluid drag effects to determine the motion of a sphere within a
robot-generated fluid flow. Fluid drag models for free-stream flow
and formulations for near-wall flow are both analyzed and com-
pared with the experiments, in which pushing of two sphere sizes,
i.e., 50 and 230 µm diameters, is characterized in a controlled,
robot-generated flow. Dynamic simulations are provided using the
developed physical models to capture this behavior. We find that
the near-wall physical models are, in general, in agreement with
the experiment, and free-stream models overestimate microsphere
motion.

Index Terms—Dynamics, manipulation planning, mechanism
design, micro/nanorobots, telerobotics.

I. INTRODUCTION

THE MANY methods for the manipulation of micrometer-
scale objects can be classified into two fundamental cat-

egories: contact and noncontact manipulation. The distinction
between the two is based upon the presence or absence of phys-
ical contact when manipulating micro-objects. In general, con-
tact manipulation is preferred for the study of micro-objects that
will not be damaged by any resulting contact forces. Noncon-
tact methods are employed when manipulation forces must be
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comparatively low or if the micro-object is too fragile to be
grasped by physical contact.

In most contact micromanipulation systems, a micrometer-
scale end-effector, for example a microgripper, interacts with
micro-objects. This end-effector is usually controlled by a multi
degree-of-freedom macroscale positioning system. While such
a system can have high dependability and repeatability, it can be
complex, difficult to control, and expensive [1]. A simpler sys-
tem that is cost effective and easier to control, with a micrometer-
scale end-effector, can be a valuable alternative. Examples of
systems demonstrating micromanipulation with a micrometer-
scale end-effector are described in [2]–[4].

For any contact-based method, stiction between the
end-effector and micro-object becomes significant at the
micrometer-scale; this stiction makes releasing grasped micro-
objects difficult. Methods to combat this problem can include
using ice to form and break connections between end-effectors
and micro-objects, vibrating the end-effector to release grasped
micro-objects, employing a vacuum to selectively capture and
release micro-objects, and using electrostatic attraction and re-
pulsion to manipulate micro-objects [5], [6].

In noncontact manipulation methods, stiction between the
micro-object and the manipulator is not a problem. Such meth-
ods include electrophoresis or dielectrophoresis [7], optical trap-
ping [8], vibration of surfaces in [9] and [10], fluid-flow fields or
bubbles in [11] and [12], and electromagnetic fields [13]. Many
of these methods are performed in a fluid medium due to physi-
cal constraints of the manipulation method. If the micro-object
is immersed in a fluid, there is little or no stiction with the sur-
face; with a noncontact manipulator, the micro-object will not
stick to it either. However, this limits applications to situations
where the micro-object can be immersed in a fluid, which is
not always the case. The low forces that are advantageous when
applied to fragile micro-objects can be a negative aspect when a
micro-object is relatively heavy or requires large contact forces
to overcome the effects of friction.

One noncontact method of micromanipulation is utilizing
fluid boundary layers to move micro-objects, which can be done
in a fluid-flow field [14]. In many cases, it would be advanta-
geous if no net fluid motion were necessary for manipulation, re-
moving any requirements for channeling and maintaining flow.

In this paper, we propose a novel micromanipulation method
using a micrometer-scale untethered magnetic end-effector, re-
ferred to as the magnetic microrobot (Mag-µBot). The manip-
ulation occurs in a fluid immersed environment, which reduces
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the effects of stiction, and allows for the generation of fluid-
flow fields as the Mag-µBot translates through the medium.
These flow fields can exert forces on immersed micro-objects
due to viscous drag, resulting in noncontact manipulation.
Alternatively, the Mag-µBot can directly apply forces onto
micro-objects via contact manipulation.

While limited to fluid operation, this system can be used to
manipulate fragile items such as cells and durable items such as
chemically functionalized microbeads. Micrometer-scale parts
can be positioned and assembled into complex shapes and ar-
rangements with this method, resulting in a microfactory. Being
a tetherless microrobot, it can be included in lab-on-a-chip or
other integrated and sealed microdevices.

Section II describes the system used to conduct the experi-
ments, and explains in detail the process of both front (contact)
and side (noncontact) pushing methods. The forces present on
an immersed micro-object and the mathematical models used in
this paper are described in Section III, along with estimates of
the capabilities of the experimental system used. In Section IV,
we describe the details of the simulation that is used to make
estimates on the Mag-µBot’s ability to push particles. Both sim-
ulated and experimental results are presented and described in
Section V. Potential sources of error are discussed in Section VI,
and conclusions with future works are presented in Section VII.

II. MAGNETIC MICROROBOT SYSTEM

A rectilinear Mag-µBot with typical dimensions 250 × 130 ×
100 µm3 is actuated by six independent electromagnetic coils,
aligned to the faces of a cube approximately 11 cm on a side,
with horizontal and vertical coils capable of producing maxi-
mum field strengths at the position of the Mag-µBot (see Fig. 1)
of 3.0 and 2.3 mT, respectively. Imaging of the Mag-µBot and
the workspace is accomplished by a camera (Sony XC-75) con-
nected to a variable magnification microscope lens, providing a
4.6 mm × 3.4 mm field of view. Control of the electromagnetic
coils is performed by a PC with a data-acquisition system at
a control bandwidth of 1 kHz, and the coils are powered by
custom-made electronic amplifiers. The Mag-µBot is made of
neodymium–iron–boron (NdFeB, N42 grade), which is a hard
magnetic material. To create the Mag-µBot, a magnetized piece
of NdFeB was cut using a laser machining system (NewWave
LaserMill).

Actuation of each Mag-µBot is accomplished by using two
or three electromagnetic coils. One or more horizontal coils are
first enabled (coil D in Fig. 1), causing the Mag-µBot to orient
in the direction of the net magnetic field. The magnetic force
exerted by the horizontal coils on the Mag-µBot is insufficient to
translate it, due to friction and adhesion to the surface. Vertical
clamping coils (coils C and F in Fig. 1) are enabled and pulsed
using a sawtooth waveform, resulting in a nonuniform rocking
motion of the Mag-µBot, which induces stick-slip motion across
the surface. In general, the Mag-µBot’s velocity increases with
pulsing frequency, which is typically from 1 to 100 Hz, and can
exceed velocities of 16 mm/s in air and 7 mm/s in water, as
used in this study. The Mag-µBot is also capable of operating
in fluids of viscosities less than about 50 cSt and can operate on
a variety of smooth and rough magnetically inactive surfaces,

Fig. 1. Electromagnetic coil setup, where A is the camera for visual feedback,
B is the microscope lens, C is the top coil, D is one of four upright coils that
orients the Mag-µBot within the plane on the surface, E is the surface on which
the Mag-µBot locomotes, and F is the bottom coil. The top and bottom coils are
clamping coils, which provide a clamping force and a torque that pushes and
orients the Mag-µBot toward the surface, respectively.

Fig. 2. Frame of a video of a 250 × 130 × 100 µm3 Mag-µBot (a) preparing
to manipulate a 50-µm (b) and a 230-µm (c) PS-DVB microsphere in an under-
water environment. Vr denotes the Mag-µBot’s velocity. Video is available in
the supplementary material.

provided that the adhesion between the Mag-µBot and surface
is low. With an appropriate driving waveform, the Mag-µBot
can be moved in steps down to about 5 µm.

Fig. 2 displays a frame of a video of a Mag-µBot manip-
ulating 50- and 230-µm diameter polystyrene divinylbenzene
(PS-DVB, Duke Scientific Inc.) microspheres underwater on a
glass surface. In Fig. 3, five 50-µm-diameter PS-DVB spheres
are arranged into a line by teleoperation. Further details on this
system are explained in [15].
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Fig. 3. Several frames from a movie of a teleoperated Mag-µBot pushing
50-µm diameter PS-DVB spheres across a glass surface under water. (a) Image
of the five spheres selected by the user to be manipulated by the Mag-µBot.
(b) Image after spheres 1 and 2 have been placed in a line, while sphere 3 is
being pushed. (c) Image after the first four spheres have been placed in a line,
while sphere 5 is being pushed. (d) Image after all five spheres have been placed
in a line and the Mag-µBot has been returned to its initial position. Video is
available in the supplementary material.

Fig. 4. Concept diagram showing a top view of front pushing of a microsphere
by a Mag-µBot. Vr and Vp denote the Mag-µBot and particle velocities, re-
spectively. Di is the interaction distance between the Mag-µBot and the sphere,
and Dp is the displacement of the sphere. The sphere and Mag-µBot both move
from left to right.

Fig. 5. Concept diagram showing a top view of side pushing of a microsphere
by a Mag-µBot. Vr and Vp denote the Mag-µBot and particle velocities, re-
spectively. Dg is the initial gap distance between the Mag-µBot and the sphere,
and Dp is the displacement of the sphere. The sphere and Mag-µBot both move
from left to right.

A. Micro-Object Manipulation

The Mag-µBot is capable of moving micro-objects underwa-
ter by contact or noncontact manipulation. As the Mag-µBot
traverses in the fluid, flow fields are generated, which interact
with other objects in the fluid. Fig. 4 displays the process of
a Mag-µBot pushing a microsphere from the front. First, the
flow field generated by the Mag-µBot becomes significant at an
interaction distance Di and displaces the sphere a distance Dp

before the Mag-µBot comes into contact with the sphere. Af-
terward, the Mag-µBot may push the sphere further by contact
manipulation until contact is lost.

In Fig. 5, the process of a Mag-µBot pushing a microsphere
from the side is explained, which results in noncontact manipu-
lation. Dg is the initial gap distance between the Mag-µBot and
the sphere, and Dp is the displacement of the sphere caused by
the induced flow fields as the Mag-µBot passes by.

III. MODELING

When the Mag-µBot manipulates a microsphere, two interac-
tions are of importance: 1) surface interactions, which include
the effects of adhesion and friction between the microsphere
and the substrate; and 2) fluid interactions, which include the
induced drag force on the microsphere. This section provides
theoretical background on these interactions, and conditions
are developed on the Mag-µBot’s ability to manipulate micro-
spheres.
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TABLE I
PROPERTIES OF MATERIALS

A. Adhesion at the Micrometer-Scale

When pulling two objects at the micrometer-scale apart from
one another, a nonzero pull-off force arises. This force is due to
a combination of van der Waals interactions, capillary effects,
and electrostatic charging [16]. Capillary forces can be removed
or neglected if the humidity is kept below 10%. Electrostatic ef-
fects are usually small compared with van der Waals due to the
low dielectric strength of air [17] and can also be neglected.
To determine what the pull-off force for separating two mate-
rials 1 and 2 is, the work of adhesion W12 must be determined
for the pair utilizing their intrinsic surface energies γ1 and γ2 ,
respectively [18], [19]

W12 = γ1 + γ2 − γ12 ≈ 2
√

γ1γ2 . (1)

Adhesion modeling for microparticle and nanoparticle
manipulation is discussed in [20], where the Johnson–
Kendall–Roberts (JKR), Deraguin–Muller–Toporov (DMT),
and Maugis–Dugdale (MD) models are explained. To determine
which of the three is most appropriate to use, a dimensionless
parameter λ, which is often called the elasticity parameter, is
introduced

λ =
(

8ReW
2
12

πh3K2

) 1
3

(2)

K =
4
3

(
1 − ν2

1

E1
+

1 − ν2
2

E2

)−1

(3)

Re = (R−1
1 + R−1

2 )−1 (4)

where Re is the effective radius of contact for two objects of
radii R1 and R2 , h = 0.165 nm is a typical separation distance
between the points of contact for the two materials, and K
is the equivalent elastic modulus of contact, based upon each
material’s Young’s modulus (E1 and E2) and Poisson ratio (ν1
and ν2) [19].

The range of possible pull-off forces P is curtailed, and any
value of λ will result in a P that falls within the range of

3
2
πReW12 ≤ P ≤ 2πReW12 (5)

where the exact value of P can be determined based upon the
value of λ. Hence, with only information on the surface energy
of the material, an upper limit on P can be determined.

Values of several relevant properties for materials used in this
paper are given in Table I.

Due to the wide range of possible surface energies for glass
given in Table I, there is a large range of pull-off forces that can
potentially exist for a polystyrene sphere of a given diameter

contacting glass. It will be shown that this large variance is not
important when the system is immersed in water.

B. Adhesion in Fluid

When operating completely within a fluid, such as water, the
capillary and electrostatic contributions to the adhesive pull-off
force can be neglected. The van der Waals adhesion can be
determined by taking into account the interactions with the fluid
medium [19]

W132 = W12 + W33 − W13 − W23 (6)

where the subscripts 1 and 2 correspond to the solid materials,
and 3 corresponds to the fluid medium.

In this case, the resulting work of adhesion can be either
positive or negative. Negative values imply the two surfaces
repel each other and minimize their energy by contacting the
fluid, creating a thin fluid layer between them. For the range of
surface energy values of both polystyrene and glass presented in
Table I, the corresponding range of immersed work of adhesion
is −44.8 mJ·m−2 < W132 < −3.1 mJ·m−2 , which is strictly
negative. Hence, in the experiments, there is always repulsion
between the glass substrate and the microspheres.

The implication of this water lubrication layer on the dynam-
ics of particle manipulation is that any friction or adhesion forces
caused by the surface can be ignored; microsphere motions are
solely due to fluid interactions.

C. Fluid Boundary Layers

Near an object with a nonzero velocity relative to the fluid
medium in which it is immersed, there exists a volume of fluid
wherein viscous effects are significant. Fluid closer to this ob-
ject moves at higher velocities than fluid farther away. At some
distance demarcated by a theoretical boundary layer, the differ-
ence between the local velocity of the perturbed fluid and the
unperturbed fluid is less than 1% of the maximum difference be-
tween the two. For example, if a Mag-µBot was traveling at 2.0
mm/s, then the 1% boundary layer encompasses the fluid vol-
ume surrounding the Mag-µBot moving at or greater than 1% of
this maximum velocity or 20 µm/s. Outside this boundary layer,
fluid motion is nearly inviscid, and the effects of the Mag-µBot’s
presence are minimized. Within this boundary layer, fluid flow
is deflected from the motion it would have if the Mag-µBot was
not present [26].

For the purposes of this paper, we are interested only in the
fluid flow around the Mag-µBot that can cause sufficient viscous
drag to move a microsphere at a velocity that can be conveniently
perceived by our equipment. Once the fluid flow around the
Mag-µBot is determined, a critical fluid-flow field (CF3) based
upon this velocity can be found. If we assume a sphere is moving
at the same speed as the fluid, note that the camera pixel size is
approximately 7 µm and the camera frame rate is 30 frames/s
and expect motion of an object can be unambiguously detected
to within half a pixel of displacement, then a reasonable CF3

would be the volume of fluid moving at 0.5 × 7µm × 30Hz ≈
0.1mm/s. For the range of velocities used in this paper, this CF3

is much smaller than the 1% boundary layer, which is shown
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Fig. 6. As the Mag-µBot translates through the fluid, it causes local fluid
motion demarcated by an outer boundary layer, where the fluid returns to within
1% of its unperturbed state. The CF3 indicates the fluid boundary where the
volume enclosed has a velocity high enough to cause a micro-object to be
accelerated visibly. The generated boundary layer by the Mag-µBot is much
larger than the CF3 for the range of velocities used in this paper.

schematically in Fig. 6. While smaller displacements can be
detected using subpixel image analysis techniques, leading to a
larger CF3 , we believe the value of 0.1 mm/s is sufficient to
test the validity of the fluid drag models in noncontact pushing
scenarios.

D. Viscous Drag

The fluid-flow field generated by a translating Mag-µBot ex-
erts a viscous drag force on nearby microspheres. This drag force
can be found using the empirically derived Kahn–Richardson
formulation for a sphere FKR , which is valid for a large range
of Reynolds numbers (0 < Re < 105) [27]

Re =
2Rρ

µ
U

FKR = πR2ρ(U − Vp)2

×
(
1.84Re−0.31 + 0.293Re0.06)3.45

(7)

where the Reynolds number Re is a function of the sphere’s
radius R, the fluid velocity U , the fluid density ρ, and the dy-
namic viscosity of the fluid µ. To find the force on the sphere,
the difference between the fluid’s velocity U and the sphere’s
velocity Vp is used.

For the small range of Mag-µBot velocities used in this study,
this force can be simplified by using the viscous drag equation
for a sphere at low Reynolds number [26] and still provide
results to within 2.5% of the Kahn–Richardson model

Fdrag ≈ 6πµR(U − Vp). (8)

Both of these fluid models tend to overestimate the forces
exerted on an object that is very near a nontranslating wall.
Because of the no-slip condition that exists at the wall, there
must exist a nonuniform flow, resulting in a shear flow across an
object. For the case of a spherical object near a wall, this results
in a rotation and a lift force normal to the wall applied to the
sphere. Correction factors for (8), plus the inclusion of forces

Fig. 7. Free body diagram of the forces on a submerged sphere during manip-
ulation. F (U, Vp ) is the fluid drag force, Fgrav is the effective force of gravity,
and P is the force due to surface adhesion. δ is the distance from the bottom of
the sphere to the surface, and ε denotes a surface roughness. The y-axis is into
the page.

induced by rotation, which were first calculated by Goldman et
al. [28], [29], can be used to determine the near-wall fluid forces
(FG )

FG = 6πµR

× (UipF ∗
shear + Vp,ipF ∗

trans + ΩRF ∗
rot) (9)

F ∗
shear = 1 + 0.7005

R

h

F ∗
trans =

8
15

ln

(
δ + ε

R

)
− 0.9588

F ∗
rot = − 2

15
ln

(
δ + ε

R

)
− 0.2526

where Uip is the in-plane fluid velocity at the sphere’s center (i.e.,
in the x- and y-axes in Fig. 7), Vp,ip is the in-plane velocity of
the sphere, and Ω is the angular velocity of the sphere’s rotation,
where the axis of rotation is assumed parallel to the plane. Also,
h = R + δ + ε is the distance from the center of the sphere
to the no-slip boundary condition, which is dependent upon δ,
the distance between the edge of the sphere and the ground,
and ε ≈ 25 nm, which is the measured combined characteristic
roughness of the two surfaces, shown schematically in Fig. 7.
Each of the logarithm terms in (9) is appropriately bounded,
i.e., Ftrans ≤ −1, Frot ≥ 0. The angular velocity can be related
to the translational velocity and the distance from the wall by
fitting a curve to the numerical results of [28] and bounding it
to 0 ≤ Ω ≤ 0.5676Vp/R, which results in

Ω = (−2.375 × 10−6e12.05R/h + 1.025e−.1438R/h )
Vp

R
. (10)

In addition, Ω can induce a lift force in the sphere in the
z-direction. This lift force was found to be less than 2% of the
sphere’s buoyant weight and is ignored in the simulations.

These models assume the velocity distribution across the
sphere is small, which may or may not be true in the case
of a Mag-µBot manipulating micro-objects. For the purposes of
theoretical calculations used in this paper, the volume averaged
fluid velocity Ū(t) that exists in the absence of the sphere can
be used instead of the fluid velocity at the center of the sphere.
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With a known flow field U(x, y, z, t), this can be determined by

Ū(t) =
∫

V

U(x, y, z, t)dV (11)

where V is the volume of the sphere being pushed by the fluid.
Both the Kahn–Richardson and Goldman force models are

used throughout this paper to estimate fluid forces applied par-
allel to the ground plane. For forces in the z-direction, the Kahn–
Richardson force is used in both cases. In addition, a gravita-
tional force acting upon the buoyant mass Fgrav = (ρp − ρ)V g,
with ρp being the density of the immersed object and g being the
acceleration due to gravity, is included among the forces in the
z-direction. A free body diagram of a microsphere with relevant
geometry is shown in Fig. 7. The equations of motion used in
the simulations are

mẍ = [FG (Ux, Vp,x) or FKR(Ux, Vp,x)] + FSx (12)

mÿ = [FG (Uy , Vp,y ) or FKR(Uy , Vp,y )] + FSy (13)

mz̈ = FKR(Uz , Vp,z ) − Fgrav + FSz (14)

where Ui is the component of the flow field in the ith di-
rection, Vp,i is the component of the sphere velocity in the
ith direction, and FSi = −kdi is a spring force applied in the
ith direction when the sphere attempts to penetrate a stiff sur-
face, such as the Mag-µBot, to a depth di . The spring stiffness
k = K(πa2/R) ≈ 0.02 N/m is based upon an elastic cylinder
assumption, and utilizes a Hertzian contact model (without ad-
hesion) to determine the contact radius a = (RFgrav/K)1/3

due to gravity within the fluid medium for a 50-µm sphere [19].
Using (7), the Reynolds number for the two sphere sizes used
ranges from≈ 0.005 for the 50-µm sphere moving at 0.1 mm/s to
≈ 0.4 for the 230-µm sphere moving at 1.6 mm/s. This range of
Reynolds numbers approaches unity; therefore, inertial effects
should not be neglected. Thus, accelerations are incorporated
into the equations of motion [26].

E. Manipulation Capabilities

Using the information in the previous sections, logical limits
can be determined on the ability of a Mag-µBot to perform either
contact or noncontact pushing based upon the forces that must
be overcome. Within a fluid medium, there exists a minimum
lateral force Fmin to move an object

Fmin ≈ µf [2πRW132 + (ρp − ρ)V g] (15)

where µf is the immersed friction coefficient between the sur-
face and the object.

If Fmin ≤ 0, pushing of the object is guaranteed; however,
displacements incurred may be too small to detect if exerted
forces are too low or object inertia is too high.

The maximum possible forces exerted in contact mode by
the Mag-µBot can be roughly approximated by the maximum
lateral magnetic force that can be applied to the Mag-µBot,
approximately 52 nN [15]. Using (8), the maximum force ex-
erted on a 100-µm diameter sphere by a Mag-µBot traveling at
2 mm/s is approximately 1.7 nN in noncontact mode. Contact
forces are much higher than noncontact forces, but neither is

Fig. 8. Top-down view of the fluid flow is shown in color for a Mag-µBot
traveling towards the right at a velocity Vr = 1.6 mm/s, at a distance 100 µm
above the ground. Only half of the Mag-µBot is simulated to reduce simulation
time, and is valid due to symmetry. The CF3 boundaries at 0.1 mm/s are shown
for different translational velocities, where the boundary (a) is when Vr = 0.35
mm/s, (b) is when Vr = 1.1 mm/s, and (c) is when Vr = 1.6 mm/s. The grid
spacing shown is 100 µm.

exceptionally large. For example, the effective weight of a steel
sphere 100 µm in diameter immersed in water is approximately
35 nN. Assuming negligible adhesion, a steel sphere with an im-
mersed coefficient of friction of µf = 0.1 can only be pushed
in noncontact mode if it is less than 70 µm in diameter and in
contact mode if it is less than 246 µm in diameter.

For this reason, experiments are performed using PS-DVB
particles, which are nearly neutrally buoyant (density ρPS =
1060 kg/m3). This, combined with a negative work of adhesion,
makes them ideal for determining to what extent both contact
and noncontact manipulation can be performed using the Mag-
µBot and the accuracy of models and simulations used in this
paper.

IV. SIMULATION

To estimate the ability of the Mag-µBot to push the
microspheres using noncontact methods, the fluid motion
caused by the Mag-µBot’s translation was calculated using
COMSOL Multiphysics: a finite-element package. The Navier–
Stokes equations for incompressible flow [26] are solved, which
results in the fluid velocity at every point in the simulation space.
The Mag-µBot is modeled as remaining stationary at an angle
of 22.5◦ to the surface (an approximate average angle of the
Mag-µBot as it translates), and the fluid flows over the
Mag-µBot at its translational velocity, corresponding to the ve-
locities used in the experiments. The ground is treated as a
moving wall with tangential velocity equal to the flow veloc-
ity, while all other external bounding surfaces have a symmetry
boundary condition applied. This allows no fluid flow across
these boundaries; it is only tangential to them. Along all faces
of the Mag-µBot, a no-slip boundary condition was used.

A. CF3 Distribution

Once a fluid-flow solution is determined, the flow field is plot-
ted as U(x, y, z) − vd , where vd is the default fluid velocity, i.e.,
the experimentally determined Mag-µBot translational velocity.
This results in a plot of the fluid motion in a reversed reference
frame, where the Mag-µBot is translating in a stagnant fluid. In
Figs. 8 and 9, the 0.1 mm/s CF3 is shown for a top-down and
side view, respectively, for Mag-µBot velocities of 0.35, 1.1,
and 1.6 mm/s (as used in the experiments).
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Fig. 9. Side view of the fluid flow is shown in color for a Mag-µBot traveling
towards the right at a velocity Vr = 1.6 mm/s, taken at a distance 100 µm from
the centerline of the Mag-µBot. The CF3 boundaries at 0.1 mm/s are shown
for different translational velocities, where the boundary (a) is when Vr = 0.35
mm/s, (b) is when Vr = 1.1 mm/s, and (c) is when Vr = 1.6 mm/s. The grid
spacing shown is 100 µm.

As the Mag-µBot’s velocity increases, the 0.1 mm/s CF3

increases in size. At 0.35 mm/s, the boundary layer extends
approximately 200 µm in front of and behind the Mag-µBot,
whereas at 1.6 mm/s, the boundary layer extends approximately
600 µm on both the front and the back, shown in Fig. 8.
In addition, the 0.1 mm/s CF3 extends to the sides of the
Mag-µBot for greater distances at higher speeds. Also, the CF3

first increases and then decreases in size as the distance from
the ground increases, as shown in Fig. 9.

B. Sphere Motion

Once the solution to the flow fields is determined within the
modeling space, MATLAB is used to simulate the motion of a
microsphere through the flow field. The sphere is initially posi-
tioned in front of the Mag-µBot at a lateral distance Dg from
the Mag-µBot’s edge sufficiently far in front of the Mag-µBot
that the CF3 does not initially interact with the sphere. Both the
Kahn–Richardson and Goldman force models are used to deter-
mine the sphere’s acceleration using (12)–(14) based upon its
location and the local fluid velocities. The path a sphere placed
into the flow would take is computed using a Runge–Kutta solver
(ODE23). Once the sphere has passed completely through the
CF3 , the difference between the sphere’s end position and the
end position of an undisturbed sphere, i.e., one traveling at the
free stream velocity, is used to determine the displacement Dp

of the sphere due to the effects of the Mag-µBot passing.
Fig. 10 shows the paths 50-µm spheres take in the simulation,

depending on Dg . Both in the experiments and in the simula-
tions, the flow field generated by the moving Mag-µBot causes
spheres to be pushed away from the Mag-µBot as it approaches.
As the Mag-µBot passes the sphere, it is pulled toward the
Mag-µBot’s wake. The final relative displacement of the micro-
spheres can have components both parallel and perpendicular to
the motion of the Mag-µBot, but only parallel motion is taken
into account when determining the Dp .

C. Sphere Size

Within the simulations, the displacements of a range of micro-
sphere sizes is examined, as shown in Fig. 11, for a Mag-µBot
traveling at 1.6 mm/s, using side pushing with Dg = 0. From
this figure, it can be seen that the Khan–Richardson formula-

Fig. 10. Simulation displaying the path a microsphere takes when placed in
a flow U = 1.6 mm/s with a fixed Mag-µBot. P1 is a sphere that begins close
to the Mag-µBot, P2 is a sphere further away from the Mag-µBot, and P3
is a sphere in a flow without the Mag-µBot. Dp1 and Dp2 are the effective
displacements of P1 and P2 , respectively. Dg 1 and Dg 2 are the initial gap
distances to the Mag-µBot from P1 and P2 , respectively; Dg 3 = ∞ for P3 .
Vp1 , Vp2 , and Vp3 denote the respective sphere’s velocities.

Fig. 11. Simulated particle travel distance in side pushing versus microsphere
radius using both the Kahn–Richardson (FKR ) and Goldman (FG ) force models
for a Mag-µBot traveling at 1.6 mm/s.

tion predicts much larger displacements than the Goldman force
model.

V. EXPERIMENTAL RESULTS

In the experiments, 50 and 230-µm diameter PS-DVB micro-
spheres were used. Three Mag-µBot velocities were employed:
0.35, 1.1, and 1.6 mm/s, which are achieved by specifying the
frequency of magnetic field pulsing (5, 20, and 50 Hz, respec-
tively). Multiple trials were performed to attain an average and
error bounds for the results. During each experiment, a video
of the Mag-µBot motion was recorded and post-processed. A
conversion ratio from the video image to real-world distances
was empirically determined by counting the pixels across a
known length and found to be approximately 7.2 µm/pixel. All
estimates on position are accurate to within 2 pixels, or about
14 µm.
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Two types of pushing experiments were performed: front
pushing (see Fig. 4) and side pushing (see Fig. 5). For front
pushing, the Mag-µBot was positioned far from the sphere
and aligned so that the sphere was nearly in the center of the
Mag-µBot’s travel path. The Mag-µBot then approached the
sphere and pushed it by direct contact. Both the interaction dis-
tance (Di) and the noncontact displacement (Dp ) of the sphere
that occurred prior to the Mag-µBot contacting the sphere were
recorded as a function of Mag-µBot velocity for both sphere
sizes. The total sphere displacement was not recorded; in perfect
front pushing, the sphere will move along with the Mag-µBot
indefinitely.

For side pushing, the initial gap distance (Dg ) between the
sphere and the Mag-µBot’s closest edge was recorded. The total
displacement (Dp ) of each sphere as a function of Mag-µBot
velocity was recorded for both sphere sizes. Several frames from
a movie demonstrating side pushing are shown in Fig. 12.

A. Front Pushing

For front pushing experiments, the sphere was approached
from a distance greater than the estimated CF3 extent while
trying to maintain it at the center of the Mag-µBot’s path of
travel. Approximately 75% of the spheres were pushed via the
front pushing method in this way, while 25% moved to the side
and were pushed via the side pushing method.

The simulated and experimental interaction distances, Di , for
front pushing are shown for three velocities in Fig. 13. For the
simulated Di , the extent the CF3 precedes the Mag-µBot at a
distance from the substrate equal to the radii of the two spheres
was used. It can be seen that there is good agreement between
the CF3 extent and the experimentally determined interaction
distances. For higher velocities, while it may seem that the CF3

distance overestimates Di , it should be noted that the Mag-
µBot is moving at a rate of approximately 50 µm per frame,
which is a speed that can easily shift the experimental results
downward by up to 50 µm if motion initially occurs between
frames.

In all cases, the 50-µm sphere is less affected than the
230-µm sphere. This is likely due to the fact that the fluid
velocity decreases as it approaches the wall, shown in Fig. 9,
putting smaller spheres in a lower velocity fluid field relative to
the motion of the Mag-µBot.

Before any contact is made with the sphere in front push-
ing, it will displace from its initial position due to the CF3

preceding the Mag-µBot. The total simulated and experimental
displacement, Dp , caused by this fluid force in front pushing
is displayed in Figs. 14 and 15 for 50- and 230-µm particles,
respectively. It can be seen that the two fluid force solutions
bound the experimental results for both particle radii and are
good predictors.

For both sphere diameters, the Goldman force model ap-
pears closer than the Kahn–Richardson model in predicting mi-
crosphere motion, where the latter model overestimates sphere
motion by nearly a factor of two.

Fig. 12. Several frames from a movie of a teleoperated Mag-µBot pushing
a 50-µm microsphere across a glass surface underwater. The sphere’s initial
position is shown as a white dot. In (a) the Mag-µBot approaches the sphere and
begins to observably perturb it. In (b), the Mag-µBot is in close proximity to the
sphere, and some noncontact displacement has occurred. In (c), the Mag-µBot
passes the sphere as its velocity is higher than that of the sphere; any contact
is completely lost. In (d), the final displacement of the sphere is shown, where
the Mag-µBot is past the point where it can affect the sphere. Some additional
sphere displacement has occurred due to the wake of the Mag-µBot. Dashed
white lines are shown in (c) and (d) to illustrate the noncontact displacement
which occurs when the particle is behind the Mag-µBot.

B. Side Pushing

For side pushing, Dg , as shown in Fig. 5, is used as the
independent variable and can be negative if the sphere initially
obscures a portion of the Mag-µBot’s path. Side pushing is
a combination of noncontact and contact pushing for spheres
that are initially close to the Mag-µBot’s path and is purely
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Fig. 13. Interaction distance (Di ) during front pushing for 50- and 230-µm
diameter particles at three Mag-µBot velocities (Vr ) compared with calculated
CF3 velocities. Error bars include three to six data points. Some data slightly
shifted to improve readability.

Fig. 14. Distance (Dp ) traveled by a 50-µm diameter sphere before any
contact with the Mag-µBot occurs for several Mag-µBot velocities (Vr ). Error
bars include three to six data points.

noncontact manipulation for spheres placed further away, as
shown in Fig. 10.

As in the case of front pushing, the effect of Vr on Dp was
found to be negligible in side pushing from the simulations. In
Figs. 16 and 17, the effect of Dg on Dp is shown in both the
simulations and the experiments with 50- and 230-µm spheres,
respectively. For the 50-µm spheres, results for the higher
Mag-µBot velocities and larger values of Dg more closely re-
semble the simulated predictions, and are largely independent
of Mag-µBot speed. The lower velocity results with a small
initial gap show much larger displacements than predicted by
the simulation. This may be due to aspects of the flow that
are not being modeled, such as the intermittent motion of the
Mag-µBot, which translates using stick slip locomotion.

Fig. 15. Distance (Dp ) traveled by a 230-µm diameter sphere before any
contact with the Mag-µBot occurs, for several Mag-µBot velocities (Vr ). Error
bars include three to six data points.

Fig. 16. Simulated and experimental 50-µm sphere travel distances (Dp ) in
side pushing versus initial gap distance (Dg ) for three Mag-µBot velocities. In
the simulations, both the Kahn–Richardson (FKR ) and Goldman (FG ) force
models are shown for Vr = 1.6 mm/s.

For 230-µm spheres, the experimental data more closely re-
sembles the simulation corresponding to the Goldman force
estimates. This can be attributed to the fact that for a sphere
contacting the ground only by its asperities (δ → 0), the ratio of
ε/R will be much smaller for larger radii, and any wall effect
will be proportionally larger, as seen in (9). The discontinuities
seen in both the Kahn–Richardson and Goldman force models
at Dg ≈ −25µm are due to the transitions from a purely non-
contact pushing to a contact pushing method, which is similar
to P1 in Fig. 10. Even without any simulated friction at the con-
tact point, contact with the Mag-µBot can affect the translation
distance of the spheres.

VI. ERROR ANALYSIS

As mentioned in Section V-A, one potential source for error in
determining the interaction distance is the Mag-µBot’s velocity.
At higher velocities, the Mag-µBot approaches the sphere at
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Fig. 17. Simulated and experimental 230-µm sphere travel distances (Dp ) in
side pushing versus initial gap distance (Dg ) for three Mag-µBot velocities. In
the simulations, both the Kahn–Richardson (FKR ) and Goldman (FG ) force
models are shown for Vr = 1.6 mm/s.

upwards of 50 µm per frame. This can cause an underestimation
of Di on the order of 50 µm due to the rapidly changing CF3 .

The distribution of values associated with the recorded motion
of the 50-µm spheres are in general larger than those associated
with the 230-µm spheres. This is likely due to the difference in
their Reynolds numbers. Because the Mag-µBot has a periodic
rocking motion as it travels, it can create large instantaneous
flow velocities and vortices. The larger importance of inertia and
gravity for the 230-µm sphere makes it more immune to these
effects, leading to smaller distributions in measured velocity.

To determine the fluid-flow field, the Mag-µBot was mod-
eled in COMSOL at a constant angle of 22.5◦. In reality, the
Mag-µBot oscillates as it translates due to its stick-slip motion,
and both oscillation and translation are periodic, not constant.
These oscillations can cause fluid to be squeezed out of the
backside of the Mag-µBot, potentially pushing smaller parti-
cles laterally away from the Mag-µBot, or vertically away from
the ground. If smaller particles were pushed laterally, they may
travel shorter distances than predicted, because they would be
farther from the Mag-µBot, and in a slower relative flow field.
If those particles were instead pushed vertically into a larger
Mag-µBot-induced flow field, they may be pushed further than
the simulation predicts. These effects would not be expected for
larger particles, which are more affected by gravity and inertia,
and are less likely to be moved by any squeeze flow. This could
potentially explain the discrepancy between simulation and ex-
periment for the 50-µm particles when the Mag-µBot is moving
at 0.35 mm/s, corresponding to a 5-Hz oscillation frequency.
At low frequencies, the intermittent motion of the Mag-µBot is
least like the constant flow model used in the simulations.

VII. CONCLUSION AND FUTURE WORK

In this study, the ability of an untethered magnetic microrobot
to manipulate microspheres was demonstrated and analyzed.
Both contact and noncontact methods were shown to be viable

manipulation techniques. A computer simulation was used to
estimate the displacement caused by both front and side pushing,
which included a numerical solution to the flow field created
by the translating Mag-µBot. The results of this simulation,
which used two different force models based upon the fluid
flow, were found to place reasonable bounds on the amount
of observed motion, with the Goldman near-wall force model
better predicting experimental results.

Future work will cover a more comprehensive fluid model,
which will include the effect of the Mag-µBot’s oscillatory mo-
tion. By examining high speed video, the Mag-µBot’s orien-
tation and velocities can be determined, which can be used to
create a set of numerical fluid-flow solutions. As the particle
translates, the local fluid velocity can be interpolated between
these solutions as a function of time. Additionally, we would
like to expand this work to include generic micro-object shapes,
both in the simulations and in the experiments, which means in-
troducing the effects of rotation into the model. Afterward, the
microrobotic system can be improved to include autonomous
positioning and orienting of micrometer-scale components, with
contact pushing used for coarse positioning and noncontact ma-
nipulation used for fine positioning.
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